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Abstract: Let f = (f1, . . . , fR) be a system of forms of degree d in n variables. A classic result
of Birch estimates the density of integral zeroes of f when n �d,R 1 is large and the variety
f = 0 is smooth. We give an improvement when R �d 1 is large, and an extension to systems
of Diophantine inequalities |f | < 1 with real coefficients. Our strategy reduces the problem to an
upper bound for the number of solutions to a multilinear auxiliary inequality.
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